
module Maths1
extends Integers

p(x )
∆
= x 2 − 3 ∗ x + 2

theorem A
∆
= assume new x ∈ Int

prove x = 1⇒ p(x ) = 0
proof by def p

theorem B
∆
= ¬(∀ x ∈ Int : p(x ) = 0⇒ x = 1)

proof by p(2) = 0 def p

theorem C
∆
= ¬(∀ x ∈ Int : p(x ) = 0 ≡ x = 1)

proof by B

theorem D
∆
= ∀ x ∈ Int : p(x ) = 0 ≡ (x = 1 ∨ x = 2)

〈1〉 take x ∈ Int
〈1〉1. p(2) = 0 by def p
〈1〉2. x 6= 1 ∧ x 6= 2⇒ p(x ) 6= 0 by def p
〈1〉3. qed by 〈1〉1, 〈1〉2, A

theorem E
∆
= ¬(∀ x ∈ Int : p(x ) = 0 ≡ (x = 1 ∨ x = 2 ∨ x = 3))

proof by D

theorem F
∆
= ¬(∀ x ∈ {1, 2, 3} : p(x ) = 0)

proof by def p
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